A - ROVNICE SE SEPAROVANYMI PROMENNYMI.

Al. y =cexp(xzsgn(c)), z € R.

A2, yy =1, 2 € R ypo=—-1, 2 € R. y3s = (1 —cexp2z)/(1 + cexp2x),
kde z € R (pro ¢ > 0), x € (—o0, —In(—c)/2) a x € (—In(—c)/2,+00) (pro
c<0).

A3 y1=0,2€R yo=(2+0)%% 0> —c ys=—(v+¢)*% 2> —c. Lze
napojit vy = 0.

AM. yy=1Lzxz€R yp=—-1,x€R. ys=sin(z+c),z € (—1/2—c,7/2—0).
Lze napojit vy = +1.

A5. y1=0,2€ R. yo=c{/|x/(4—2)|, kde c £ 0 ax € (—0,0), x € (0,4),
x € (4,400).

A6. y1 =0,z € Ry =1/(z*+¢), 7 € (—00,—/c) a x € (e, +0).

A7, yy =7/2+km, x € R, kde k € Z. y, = arctg(arctgz + ¢) + km, z € R,
kde k € Z.

A8. yy =1,z € R. yo = exp(ctg(z/2)), v € (—m+ 2km, 7+ 2k7), kde ¢ # 0,
keZz

A9. y1=0,7€ R. yp = (/3 +¢)3, * € R. Lze napojit vy = 0.

A10. y =In(c—exp(—x)), kdez € Rproc <0ax € (—Ine,+00) pro ¢ > 0.
All. y = £/1+¢/(22—1), kde pro ¢ < 0: € (—o0,—V/1—d), = €
(-1,1) ax € (V1 —d,+00); pro ¢ > 0: o € (=00, —1), v € (1,+00) a pro
c€ (0,1) navic z € (—v1—d,v1—d).

Al12. 4 =0,z € R. yp = (expx + ¢)3, x € R. Lze napojit vy = 0.

B - HOMOGENNI ROVNICE

Substituci y(x) = xz(x) prejde na rci se separovanymi proménnymi (pro
novou nezndmou funkci z = z(x)).

Bl y1 = 0; 2 = 23 yza = (2¢) ' (1 £ V1 +4c22?), ¢ £ 0.

B2. y; = 0; yo = xz, kde z je dano rci e* = cxz, ¢ # 0.

B3. y=0y=1y= C;§i1, ¢ # 0. Lze napojit v bodé x = 0.

B4. y =0; y = xz, kde z spliyje In |z| — 2arctg z = ¢ + In |z].

B5. y = 22, kde 2 splituje Inv/22 + 1 + arctg z = ¢ — In |z].




C - LINEARN{ ROVNICE

Rovnice tvaru y' + a(x)y = b(x). Vyndsobeni funkci exp A(x), kde A(x) =
[ a(z)dz (“integracni faktor”) prejde na [yexp A]' = bexp A.

Cl. y = e *(c—cosx); i.f. e.

C2. y=cexp(—1/z)+1—1/x; if exp(l/x).

C3. y =z (ce™ +€7/2); i.f. ze®.

Cd. (a) (a # —=B) y = ce™® + (a + B)71ef%; if. e (b) (a = —0)
y=e *(c+x).

C5. y = (Va2 + 1) e+ In [ YEHAT i f Va2 + 1,

D - BERNOULLIHO ROVNICE

Rovnice tvaru y' + a(x)y = b(x)y*, o # 0, 1. Ndsobenim (1 — o)y~ prejde
na linedrni rovnici z' + (1 — a)az = (1 — a)b pro novou nezndmou funkci
2z =yt~ Pozor, neékdy ze substituce plyne, Ze hleddme jenom kladnd z!

D1. y = 2*(c+In+/|z])?, (subs. z = \/y ... jen kladnd z, odtud: Feseni plati
jen tehdy, je-li vnitrek zavorky kladny!

D2. y = :I:\/(:c2 — 1)+ /|22 — 1], (subs. z = y?).
D3. y=0;y = m, (subs. z = 1/y).
D4. y = +y/x(c — In|z|), (subs. z = y?).




