Stejnomérna konvergence.

Névod: f,(x) = f(x) na I pravé tehdy, kdyz o,, = sup|f,(z) — f(x)] — 0.

el
1. fo(x)=2", x€(0,1),
2. folz)=2a™ -2 xel0,1],
3. fulz)=2a"—2*™, x€|0,1],
4 () = 2w e (0.00),
5. fulz) = 22—, z€0,1],
6. fu(z) = 1_‘7;“7;”, a) z €0,3], b) x € [0,00),

8. fulr) =22, a)x€l0,1], b) z €[l,00),

n

9. fn(x):n< T+ i-— :E), z € (0,00),

10. fu(x) = Sin(Tm), x € R,
11. fu(x) =sin (%) , xR,
12. fu(z) =€V 2 €(0,1),
13. fa(x) = e~ (@=n)? a) z € (=11), bz € R,
14. f.(z) = arctg(nx), x € (0,00),
15. fu(z) = zarctg(nz), x € (0,00).

Resent:

1.

f(z)= Tim fu(@) = lm 2" =0, x€(0,1)
Jm | fa(2) = f(2)] = lim 2 =0, lim |fo(z) - flz)| = lim 2" =1

1 <o, - 0= konvergence neni stejnomeérna.
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lim o, = lim 1 0= fn(z) = f(2).
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flz) = ( )—0, r €R,
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n—o0 n—oo n,
11.
. . €
f(z) = lim sin (—) =0, zeR,
n—oo n
(T
Oy = sup |sin (—)‘
z€R n
AN T 1 T+ km
(sm <f)) = Cos <7> —=0=x =
n n/ n 2
“(53)
op=|sin{ --n-— || =1
2 n
lim o, = lim 1 =12 0= konvergence neni stejnomérna.
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f(z) = lim e =0, ze€ (0,1),
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f(x) = lim f,(x) = lim e~(@* — 0 zeR,
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f(z) = lim zarctg(nz) = zx, x € (0, 00),
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T—r00 2 T—>00 P T—00 -2z n
!
(m (arctg(nx) - g)) = arctg(nz) — 571 +n;72m2 20
Jelikoz rovnici arctg(nx) — 5 + Tinszz = 0 neumime resit, je tfeba se na tento problém
podivat jinak. Plati
. ™ nr 0T
S arctg(ne) = 5 + 97758 = o
. ™ nx
a;lggo arctg(nx) — 5 + T n2a? = 0a
!
™ nx n n(1 4+ n%2?) — 2n32?
t —_ — =
(arc g(na) 2 t1 + n2x2> 1+ n2z? (14 n222)2
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T (1 n2a?)?



Tedy funkce arctg(nz) — 5 + T7n5oz Je rostouct a jelikoz limg oo arctg(nx) — 5 + ez = 0,

tak arctg(nx) — 5 + 1357 0. Tedy

limo, = lim 1 =0= fu(z) = f(x).
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